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We report on a recent investigation of the single spin asymmetry (SSA) in low virtuality
electroproduction of J/ψ in color evaporation model. We show that this can be used as a
probe for the still unknown gluon Sivers function.
1 Introduction
Large single spin asymmetries (SSA) observed when an unpolarized beam of electrons or pro-
tons is scattered off a transversely polarized target can be explained with the inclusion of k⊥
dependence in parton distribution functions (pdf’s) and fragmentation functions(ff’s) [1]. One
is led to a generalized factorization formula called TMD factorization [2, 3], which in some
processes has been proved at leading twist and leading order [4] and has been argued to hold at
all orders. The inclusion of the effect of transverse momentum of partons in parton distribution
(pdf) and fragmentation functions leads to a new class of parton distributions that include the
effects of spin and transverse momentum of the partons. One of these functions is the Sivers
function which describes the probability of finding an unpolarized parton inside a transversely
polarized hadron. In this work, we propose charmonium production as a probe to investigate
the Sivers function and as a first step, estimate SSA in photoproduction (low virtuality elec-
troproduction) of charmonium in scattering of electrons off transversely polarized protons. At
leading order (LO), this receives contribution only from a single partonic subprocess γg → cc¯ .
Hence, SSA in e+ p↑ → e+ J/ψ+X , if observed, can be used as a clean probe of gluon Sivers
function. In addition, charmonium production mechanism can also have implications for this
SSA and therefore, its study can help probe the production mechanism for charmonium.
2 Estimate of the Sivers Asymmetry
There are several models for charmonium production. We use the color evaporation model
(CEM) as its simplicity makes it suitable for an initial study of SSA in the charmonium pro-
duction. This model was first proposed by Halzen and Matsuda [5] and Fritsch [6]. In this
model, a statistical treatment of color is made and the probability of finding a specific quarko-
nium state is assumed to be independent of the color of heavy quark pair. In later versions
of this model it has been found that the data are better fitted if a phenomenological factor is
included in the differential cross section formula, which depends on a Gaussian distribution of
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the transverse momentum of the charmonium [7]. We have used Weizsacker-Williams equivalent
photon approximation for the photon distribution of the electron [8, 9], to calculate the cross
section for the process e+ p↑ → e+ J/ψ +X at low virtuality of the photon. The underlying
partonic process at LO is γg → cc¯ and therefore, the only k⊥ dependent pdf appearing is the
gluon Sivers function. For a complete calculation of photoproduction of J/ψ one has to consider
higher order contributions and also the resolved photon contributions [7]. Also the gauge links
or Wilson lines present in the TMD distributions are important at higher order [10].
According to CEM, the cross section for charmonium production is proportional to the rate
of production of cc¯ pair integrated over the mass range 2mc to 2mD
σ =
1
9
∫ 2mD
2mc
dM
dσcc¯
dM
(1)
where mc is the charm quark mass and 2mD is the DD¯ threshold, M
2 is the squared invariant
mass of the cc¯ pair.
To calculate SSA in scattering of electrons off a polarized proton target, we assume a gen-
eralization of CEM expression by taking into account the transverse momentum dependence
of the Weizsacker-Williams (WW) function and gluon distribution function. The numerator of
the SSA can be written as
d4σ↑
dydM2d2qT
− d
4σ↓
dydM2d2qT
=
1
s
∫
[d2k⊥γd
2k⊥g]∆
Nfg/p↑(xg ,k⊥g)fγ/e(xγ ,k⊥γ)
× δ2(k⊥γ + k⊥g − qT )σˆγg→cc¯0 (M2) (2)
where y is the rapidity and qT in the transverse momentum of the charmonium; ∆
Nfg/p↑(xg,k⊥g)
is the gluon Sivers function, fγ/e(xγ ,k⊥γ) is the photon distribution of the electron, given in
the WW approximation. The denominator would have a similar expression involving the unpo-
larized gluon distribution of the proton; fg/p(xg ,k⊥g), for which we use a gaussian form of k⊥
distribution and a similar gaussian form for the transverse momentum dependence of the WW
function. To extract the asymmetry produced by the Sivers function, we calculate the weighted
asymmetry [11]
A
sin(φqT−φS)
N =
∫
dφqT [dσ
↑ − dσ↓] sin(φqT − φS)∫
dφqT [dσ
↑ + dσ↓]
(3)
where φqT and φS are the azimuthal angles of the J/ψ and proton spin respectively. For the
gluon Sivers function we have used a model in our analysis, which has been used in the literature
to calculate SSA in semi-inclusive deep inelastic scattering (SIDIS) [12] and DY process [13]
(see [14] for details). The parameters are taken from [15]. Other parameters we use are
〈k2⊥g〉 = 〈k2⊥γ〉 = 0.25GeV 2.
Also it is to be noted that in the model we consider for charmonium production, namely the
color evaporation model, the only relevant scale is M2 which is the invariant mass of the heavy
quark pair. This is integrated between a narrow region, from 4m2c to 4m
2
D irrespective of the
center-of-mass energy of the experiment. So the scale evolution of the TMDs is not expected
to affect the asymmetry too much.
In Fig. 1 we have shown a comparison of the y and qT dependence of the asymmetry at
JLab, HERMES, COMPASS and eRHIC. Model I refers to the parametrization in [13] and (a)
refers to the parametrization of the gluon Sivers function in terms of an average of the u and
d quark Sivers function [14]. Different experiments cover different kinematical regions, and our
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Figure 1: (Color online) The single spin asymmetry A
sin(φqT−φS)
N for the e+ p
↑ → e+ J/ψ+X
as a function of y (left panel) and qT (right panel). The plots are for model I (a) (see text)
compared for JLab (
√
s = 4.7 GeV) (solid red line), HERMES (
√
s = 7.2 GeV) (dashed green
line), COMPASS (
√
s = 17.33 GeV) (dotted blue line), eRHIC-1 (
√
s = 31.6 GeV) (long dashed
pink line) and eRHIC-2 (
√
s = 158.1 GeV) (dot-dashed black line).
results clearly show that the asymmetry is sizable, and that it is worthwhile to look at SSA’s
in charmonium production in order to extract information on the gluon Sivers function.
3 Acknowledgements
A. Mukherjee thanks the organizers of XX th International Workshop of Deep Inelastic Scatter-
ing and Related Areas. R.M.G. wishes to acknowledge support from the Department of Science
and Technology, India under Grant No. SR/S2/JCB-64/2007 under the J.C. Bose Fellowship
scheme. A. Misra and V.S.R. would like to thank Department of Science and Technology, India
for financial support under the grant No. SR/S2/HEP-17/2006 and to Department of Atomic
under the grant No. 2010/37P/47/BRNS.
References
[1] P. J. Mulders and R. D. Tangerman, Nucl. Phys. B 461, 197 (1996) [Erratum-ibid. B 484,
538 (1997)] [hep-ph/9510301]; D. Boer and P. J. Mulders, Phys. Rev. D 57, 5780 (1998)
[hep-ph/9711485]; R. D. Tangerman and P. J. Mulders, hep-ph/9408305.
[2] D. W. Sivers, Phys. Rev. D 41, 83 (1990);
[3] M. Anselmino, M. Boglione and F. Murgia, Phys. Lett. B 362, 164 (1995) [hep-
ph/9503290]; M. Anselmino and F. Murgia, Phys. Lett. B 442, 470 (1998) [hep-
ph/9808426]; M. Anselmino, M. Boglione and F. Murgia, Phys. Rev. D 60, 054027 (1999)
[hep-ph/9901442].
[4] J. C. Collins and D. E. Soper, Nucl. Phys. B 193, 381 (1981) [Erratum-ibid. B 213, 545
(1983)] [Nucl. Phys. B 213, 545 (1983)]; X. -d. Ji, J. -p. Ma and F. Yuan, Phys. Rev. D
71, 034005 (2005) [hep-ph/0404183].
DIS 2012 3
[5] F. Halzen, Phys. Lett. B 69, 105 (1997); F. Halzen and S. Matsuda, Phys. Rev. D 17,
1344 (1978).
[6] H. Fritsch, Phys. Lett. B 67, 217 (1977).
[7] O. J. P. Eboli, E. M. Gregores and F. Halzen, Phys. Rev. D 67, 054002 (2003).
[8] C. F. von Weizsacker, Z. Phys. 88, 612 (1934).
[9] E. J. Williams, Phys. Rev. 45, 729 (1934).
[10] F. Yuan, Phys. Rev. D 78, 014024 (2008) [arXiv:0801.4357 [hep-ph]].
[11] W. Vogelsang and F. Yuan, Phys. Rev. D 72, 054028 (2005) [hep-ph/0507266].
[12] M. Anselmino, M. Boglione, U. D’Alesio, A. Kotzinian, F. Murgia a Phys. Rev. D 72,
094007 (2005) [Erratum-ibid. D 72, 099903 (2005)] [hep-ph/0507181].
[13] M. Anselmino, M. Boglione, U. D’Alesio, S. Melis, F. Murgia and A. Prokudin, Phys. Rev.
D 79, 054010 (2009) [arXiv:0901.3078 [hep-ph]].
[14] R. M. Godbole, A. Misra, A. Mukherjee, V. S. Rawoot, Phys.Rev. D 85, 094013 (2012);
e-Print: arXiv:1201.1066 [hep-ph]
[15] M. Anselmino, M. Boglione, U. D’Alesio, S. Melis, F. Murgia and A. Prokudin,
arXiv:1107.4446 [hep-ph].
4 DIS 2012
